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Abstract

In the previous paper, we transformed the system of unit to the relativistic form, and found that
the forces of coulomb and ampere are the same. We can take the common coefficient in the two
forces. The next aim is the magnetic field and its source of magnetic charge.

We provided the imaginary charge and found that it means the magnetic monopole. We explain
the difference between the dipole of magnetic charge and the dipole of the loop current. We consider
the electric charge Q as a complex charge (+iq" and define its potential and field.

We expect that the knowledge for “matrix vector”, “relativistic form” and the Maxwell Equation

is well known™.
1. Introduction
1.1 The magnetic charge and its System of Unit
We assume the existence of the magnetic charge. Then the Coulomb's law of the magnetic
chargeis F =K % (Gauss).

This force can divides two formulas as follows:

m
The force in the magnetic field B is F =k, m,B, and the magnetic fieldis B =k, r—zl :

1.2 The magnetic dipole moment and magnetic loop dipole moment by a current loop

(i) The magnetic dipole moment m which points from the magnetic south pole towards the



magnetic north pole, has a magnitude 2ml , where the m is the strength of each magnetic pole and
the 2l is the distance between two magnetic poles. And then the potential Q_ (r) and the field
H,.(r) are
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Fig. 1. The image of magnetic dipole.

(ii) For the current loop, the magnetic loop dipole moment ism, = £4,IS, where | is the current

in the loop and S is an area of the loop. And then the magnetic field of the loop radius of which is
a.

Hl(r)=—l;,r=«/zz+a2. T e e S
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Then M= gplza’=m,

Fig. 2. The image of loop dipole.
2. The magnetic charge and the electric imaginary charge

2.1 The imaginary charge

We consider the electric charge Q as a complex chargeQ =q+1iq' formally, especially the
pure imaginary charge iq'. And we are going the same way as the real charge.

Then the pure imaginary charge ia' and its potential as “en bloc” are
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Therefore, its electromagnetic field is E, =0 and
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And we can define the 4-dimensional force by using complex conjugate as

1 [-icB, RE 1
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For simplicity, we assume that the pure imaginary charge is not moving, i.e. stationary. Then the

charge, potential, electromagnetic field and force as “en bloc” are
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The time component and the electric field are zero.
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is a coulomb type force.

2.2 The identity with the magnetic charge

There exists the magnetic charge (¢, , and the magnetic force between two magnetic chargesd,,, ,
qm2 is

- = 1 qm2 qml
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F= - 3 , this is the same type as the formula (1).

Moreover, we define the magnetic field H(r) as

—icH (r) =i T — =—grad(— 19 1 2= —gradg(r), #(r)=—Jm
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This is the same type as pure imaginary charge, and then it is also the potential and the magnetic

field. Therefore, we identify the imaginary part of the charge (' with the magnetic charge — O :
Clty
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And then ¢ = lq—and o(r) = —i, —icB = Iq—z— and —icH(r)=— il >— correspond
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to each other. That is to say, this is a representation of the magnetic monopole (or magnetic charge)
as mathematics.

3. The magnetic dipole moment and the magnetic loop dipole moment
3.1 The magnetic dipole moment

We consider the magnetic charge m apart from a center with distance | and we put this vector

I=(1.1,.1). 1=|l|= \/(IX)Z +(1,)* +(1,)* . And we put the other two vectors from the

magnetic charge or center to any point P which arer(P) and R(P)respectively. And then
I =R(P)-r(P).

Next we calculate the magnetic dipole moment of two magnetic charges igqand —iq with

distance 2l as follows:
We fixed the point P and move the point of magnetic charge | . p

The absolute value of r(I) =R —1 is

r=|r|=J(R, 1)’ +(R, =1, +(R, -1)* i
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Fig. 3. The image of magnetic dipole.
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Generally, we use the “en bloc” formulas.
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Then the absolute value |r| is represented as P | O} by “en bloc”.

We use the (relativistic) total differential, and then the double underlined part above is
approximate to the following formula.
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In this situation, we replace S as s=dl =—dr and |1=0.
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By the way, the value of potential is proportional to —, and its variation by | is
r
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And this underlined part is an approximate time component of the following “en bloc” formula

SeR

.SxR

—I
R |

.
R-1|

Therefore, by use of formula (3), and we subtract the potential of magnetic charge
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) from the potential of —iq". Then the potential of magnetic dipole is
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Where, m is magnetic charge, M is magnetic dipole vector, 2S is the distance between

. i .
magnetic charge Iq'(:—&) and —iq".
Chy

3.2 The magnetic loop dipole moment

We consider the current | (C/s) in conductor and moving charges with speed v (m/s). Then the

currentis | = p,vds (Cfs) .

For simplicity, we assume that the charge Q= pqudS and its speed are homogeneous[sl.

We take the current | in a loop with radius |, then its vector potential is
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cR CR™ 2 Fig. 4. The image of loop dipole.
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And this underlined part is an approximate space component of the following “en bloc” formula

(5).
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We take the same way as section 3.1. We replace S as S=dl =—dr and | =0. Therefore,
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Therefore, from (4) in 3.1 or (6).
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This means that the magnetic field of magnetic loop dipole has twice the value of

cB= [m-grad]is.
R

cf. (Einstein-de Haas effect)
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The magnetic loop dipole moment is M = gg}(l xds) = j—jﬁ)(l x ds) |I| = 2

And the angular momentumis I =m/|Ixv=

Mo
2ﬁ§>(| ds).

Therefore m=——1,—9_ —8.79x10®coulomb / kg
2m, 2m _
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Then the ratio a4 of the magnetic loop dipole moment to the angular momentum remains
e

unchanged.

3.3 The couples of magnetic dipole and magnetic loop dipole in the magnetic field

The couple of force of magnetic dipole is
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We get twice as much value in this formula.

The couple of force of magnetic loop dipole is

T
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We get twice as much value in this formula.

4. Conclusion

One point is that in this time, the magnetic monopole is not found. But we can identify the pure
imaginary charge with the monopole. Then we find that it works as a same action which is expected
as a monopole.

Another point is that in the quantum mechanism magnitude of spin moment is about twice the
magnitude of the orbital angular momentum. But in this paper, we calculate the twice as much value

of the orbital angular momentum. This means Lande g-factor is about 1 value.
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